An expanding annulus proves subharmonic Liouville

The plotted objects are comparison barriers; the observation radius stays fixed at rho = 3

Annulus at outer radius R

outer circle: C =

<
A

inner circle: delta =1

bound alpha = -1/2

At this point: B_6(3) = 0.4197

outer radius R (logarithmic scale)

Exact formula: B_R(3) = -1/2 + (3/2) log(3)/log(R), R > 3. Lemma C1 proves the fixed-point limit.

=6 Barrier at the same fixed radius rho = 3
B_R(3) dashed limit: alpha = -1/2
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